Problem 96. In a certain kind of tournament, every player plays every other player exactly once and
either wins or loses (there are no ties). Define a top player to be a player who, for every other player
x, either beats x or beats a player y who beats x. (There may be more than one top player.) Prove that
every n-player tournament has a top player. Hint: Use induction. For the inductive step, start with a
tournament with k + 1 players and remove a single player that has the lowest number of wins. There

might be lots of players tied for lowest number of wins, in which case just pick one of them at random
to remove.
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